DAP AN MON DAI SO THI GIUA KY 20191. Ma s6 M1 1141 Nhém nganh I

Peso 1.

Céu NOi dung Diém
! A="x"+2x-3=0 vbnghiém”; B="3+5>10". A sai 0.5
A — B laMD dang 0.5
2 f(x)eF 0.5
ve Y (F\B)e f(0)e(F\B)e {7 (D).
TIB) S F () {f(x)eb’
el “F cieB B)= r(F\B)=E\ £ (B) 0
Clxe /(B ' ‘ ‘
3 a+b+c=0 0.5
p(x) =ax 24bx+c=>< a-b+c=4
4da+2b+c=1
= p(x)=x" —2x+1 0.5
4 14 0.5
1:25:>12+1+1:0:>11_2:_lglﬁ.
—1+1\/7 27 27 2x+6kmr .. 2m+6kn — 0.5
= C08~—+{8ill —=> z; =cO8 +1isin ;0 k=04
2 3 3 15
11— 0,5
1 I\f =co 54——+zsmi7~z~:>z :cos47[+6m7z+isin47[+6m”; m=0,4.
2 3 3 15 15
5 41,4266—/‘4|= ILILQ‘—]quAzzEG 0.5
| o 0.5
(azz)41~gl(zz) leG;z"'=—e G = Glanhém
zZ
6 2 -1 0.5
X, (X, -X,) =0
4 m
Anh xa 1a don &nh khi he thuan nhét chi c6 nghiém tam thuong = m = -2 0.5
7 3X<:>;»(A)=r(74) 0.5
r{Ad) =3 0,5
| S m=—4 0.5
8 | det(4-2E)=(2-2)(4’-2-2) 0.5
det(A-AE)=0< 4 =-1;4, =2. 0.5
9 Am”=O:>detA=0;A2“‘9~E=~E:>(A~E)(A2(”8+A2°”+---+A+E)=—E 0.5
= det(A—E)#0;4+B=AB= A=(A-E)B=det(4A—E)det B=0=> det B = 0. 0.5
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- 7 Pé s6 2.
_; C@ugl" T Neldwmg - | Diém
1 4="32 4 4x+3= 0congh|emduynhat B="14-5>10". A sai 0.5
| =4 B 1aMD ding ' ] L o5

vt ® 4&& Tom il 1B \ﬁ(E) -

Bl ye FNAW) » %i;\i&)

(2) FreE & £n=y.
@ ) { R

Brep & o=y

9 fO) -y cfB\A). - R\ < R(E\A)

Cada | ﬁw Wi (= AV0 el G FA\Rca) < £ (E\4)

65

A Fre E\AL #n=y

/o)
[ﬂwwk«w v dide = C&ov‘?\wt&aﬁm
3 a+b+c-0 0.5
p(X)=ax’ +bx+c={ a—b+c=-2
4a+2b+c=4
p(x)=x"+x-2 0.5
p ‘ 0.5
0 zZ+1
z+i) —(z—-i) =0=> =1
(4)" (- -0 [221)
2 +7 ' s 0,5
= k+{=cos%l+isi11%—ﬂ (k:0,9)
2z, —i 10
2k . 2km 0.5
1+COSTO_+ISIHW L
= 2kr s (k=0.9)
l-cos———isin——
~ 10 10
5 zy=m+in Gz, =m, +in, e G = zz, = (mm, —n,n2)+i(mlnz +n12n,)e G. ' 0.5
- 0.5
=2z (2,2, );e=1eG;z7! = " +i = € G = Glanhom
(Z’ZZ)Z3 1(22 3)9 ‘ m +n’ w4’
6 o 1 -2 ay , .. .. {a 0,5
J/ toan dnh < AX = X = ¢0 nghiém vdi moi
m 4 b b ,
| detA#0 m#-2 0,5
7 3X¢:>r(A):r(;1) 0.5
r(4)=3 : 0,5
S m=-4 0.5
8 | det(A-AE)=-2"+64%-34-10. 0.5
det(A-AE)=0 4 =2;4, =-1;4, =5. 0.5
9 32020:O::>deleo;(B—.ZE)(Bzow+---+22019E)=BZOZO—ZZOZOE:-—22020E 0.5
:>det(B—2E)¢O;2A+3B=AB:>3b’=A(B—2E):>detAﬁ(B—2E)=O:>detAzO. 0.5
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Pé s6 3.
Cau NO1 dung
1 D T
p=* r(A):rL , 6]:2”; g="phuong trinh x> =3x+2 =0 vd nghiém”
p laMb sainén p— g la Mb dung
2 xe A
) xe A4
(x1y)e dx(BUC) & 4| reB
yve BuC T
’ yeC
(x,y) € AXB :
& ’ S (x;py)e(AxB)u(AxC )= Ax(BUC)=(AxB)u(AxC).
i ) £ (A) () = (€)= (43) ()
3 \5—1\/—2— -7, . =T~ .. T
Z=————=C0S—+iSin— = z =cos—+isin—
2 4 4 4 4
—\ 2019 —
S:zz‘”u(z)' =2Re(z"")=2cos PR ST e 5
4 4
4 2 12 2 12 4
| 1 -
X =-2 5 X=[-2 5
-2 5 -2 5
3 4 3 -4
2 12 34 16
5 2
X={-2 5 =0 1
2 1
3 4P 7 2
5
-1 _ . s _f_.n_4 _ _ 4 _1+I\/§
B = 70y = B} =z 2ot 4124 3}_{4 L
2T .. 2« 7+3knr . nm+43kn e 0.5
=<z:z=3/COS—+isin— =1z, =COS +isin ; k=035,
3 3 6 6
0 10 -1 m 1 0 -1 m 1 0 -1 m 0.5+0,5
A=1 -1 3 5|->|0 -1 4 S5-m|—>|0 -1 4 5-M =B
0 -1 4 3 0 -1 4 3 0 0 0 m-2
rd)=3crB)=3cm-2+0m#2 0,5
T | fay)=a®+y® —20+4y-1=(z -1 +(y+2° -6 0.5
xe[-Ll]= (x-1)" e[0;4];y €[0:2] = (y+2)’ €[4;16] = f(4) =[-2;14] 0.5
8 , det 4=0 0.5
Covoso X < ~
r(A,):r(A)
det A=3m=3=0 m=1Khidé r(4)=r(4)=2 0.5
9 | by+b,=0,i,j=1,7=B+B' =0= B=-B' 0.5
= el B det(—B’) =(-1)" det B = —det B = det B =0=>hé c6 vd sb nghiém 0.5
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Dé sb 4.
Cau Noi dung Diém
1 1 -3 i 5 » _ 0.5
P=" HA)=¥ s =1 q=" phuong trinh x* —6x+5<0 vd nghiém™
p laMD sainén p — ¢ la MD ding 0.5
2 xe A 0.5
: xe A
(v edx(Bn(C)e & yeB
ve BnC
yeC
(x;y) € AxB _ 0.5
= & (1;3) € (AxB) N (A4xC) = Ax (BN C)=(AxB) N (AxC).
(x;y) € AxC
3 ~1+53 2 .. dm - =T . 0.5
Z=————=00S—+iS8in— => z =COs +isin
2 3 3 3
5 =2 4+ (2)" =2Re(+") = 2005 2L =5 b
3
4 I 3Y_ (5 —12 7 I 3Y'(5 —12 7 0.5+0.5
X= : X= .
2 =35 6 7 -8 -2 =5)\6 7 -8
(-5 =3Y5 -12 7 -43 39 -1 0.5
X = = :
L2 [J 6 7 -8 16 -17 6
5 _: 0.5
f‘l({—iﬁ}):{z:f(z):—i\/z}z{zz?,z:;—\/Ez—i\/i}={2:25:[2—1—2}.
2
-, . =T -n+8km . . —7w+8kxm = 0.5
=9Z:z=3CoS——+isin— > =1z, =co0s +isin ; k=0,4:.
4 4 20 20
6 1 =1 3 m I =1 3 m 1 -1 3 m 0.5+0,5
A={-1 0 2 -1|{->|0 -1 5 m=1|{—>|0 -1 5 m-1|=B
0 -1 5 3 0 -1 5 3 0 0 0 4-m
rA)=3<r(B)=3<4-mx0<om=4 0,5
T | fay)=a"+y"-22-4y-3=(z-1P +(y—2° -8 0.5
T e [0;2] = (z-17¢€ [0;1];y € [-1;1] = (y-2)7 e [1;9} = f(4) = [~7;2J 0.5
8 det 4=0 0.5
Covosd X < -
r(A)zr(A)
detA=-3m-3=0< m=-1 Khido I'(A):l‘<;1)=2 0.5
9 lay+a,=0;ij=1,9=24+4' =0=> A=A 0.5
:detA:det(—A’):(—l)gdetA:—detA:>de1A:O:>hé c6 vb s8 nghiém 0.5
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DE 5
Ciu Noi dung Diém
1 fzow(x) {f2019(x) =0 {]‘(x) =0
=0 .
* 201556 T 12019g(x) % 0 T lgx) # 0 0,5d
xEA B e
IR {x ¢ B & x € A\B. Do d6 tap nghiém 1a S = A\B.
0,5d
2 =[1,2), fA) = {f(x) ER:x €A} = {f(x): 1 < x < 2}. 0,5d
o f(A)=[-2,-2].
fay = [-2,-2] s
3 e A=—-8+6i=(1+3i)2. 0,5a
ez=1—-2i,z=2+1. 0,5d
4 o P(A) = A* +4A + 4E = (A + 2E)? . 0,5d
0 0 2
o P(A)=|1 1 0l -
0 2 1
5 1 1 2 2 0,5d
® pf <> X =
1 0 -2
(1,5)
[ ) =
1 -1)|—2 4| |4 =
6 e A khong suy bién & det A = 0. 0,5d
edetd= —m?,det A+0&m+0. 0,5
7 11 21 1 1 2 1] [1 1 =2 1
ed=[2 0 1 3|50 2 5 1|50 2 5 1 0,5d
WS
(+5) 31 -1 4] o -2 5 1] [0 0o 0 0
o r(A) =r(A) = 2, He ¢ v sb nghiém phu thude 1 tham sé: 0,5d
o (6,y,2) = (241D +t(-1,52),t €R. 0,5d
8 ® f lamottoan anh nén f(x) = 0 c6 nghiém trong [m, 2]. Do d6, m < 0. 0,5d
e Néum = 0 thi f 1a song 4nh. Néum = —1 thi f(1) = f(—1) nén f khong la don 4nh. Do
dom=—1. 0,5d
? | ¢ Biéndbi thanh —— (A + 2019E)(B + 10E) = F. 0,5d
* Do do, - 190 (A + 2019E) 1a ma trdn nghich dao ctia (B + 10E). 0,5d

Suyr
gia thiét ta duoc AB = BA

= [, boi vy BA + 104 + 20198 = 0. Két hop véi

*Chiy: -NéuSV lam cach khic ma ding van cho diém t6i da.
- Diém toan bai lam trdn dén 0 5.
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1

Suyra (B + 10E) o

(A + 2019E) = E, boi viy BA+ 104 + 20198 = 0. Két hop véi
gia thiét ta dwgc AB = BA.

DE 6
Ciu Ndoi dung Diém
] g 220w _ {g"‘mbc) =0 {g(X) =0
2019f(x) 2019f(x) =0 "~ lf(x) =0 0,5d
XEB —_— A T3
* & {x ¢ A & x € B\A. Do d6 tap nghiém 1a S = B\A. 0.5d
2 e A =(~w,=2]n(—=1,+m), f(4) ={f(x):x € A}. 0,5d
 f(A) =[~2;+) . 0,5d
3 e A=—-8+46i=(1-30)?. 0,5d
ez=1+2i,z2=2—1. - - 0,5d
4 | eP(A) =A% —4A+4E 0,5d
0 0 2 0,5d
o P(A)=(4-2E) =|2 -2 0
0o 1 -2
5 0 1 6 -2 0,5d
® pi> X = .
1 2 -2
=]
6 21|10 1 0,5d
: e X = ) ’
OIEES I
OX:6 =21-1 1 :—8 6 0,5d
2 =2{1 0 -4 2
6 e B suybién & detB = 0. 0,5d
edetB=m3,det B=0&m=0. 0;5d
7 -2 1 1 2 1 2 0 5 1 2 0 5 I 2 0 5
ed=|1 20 5|2 11 2|05 1 12|50 5 1 12 064
(.7) -1 3 1 7] [-1 317 [05112] (000 0
o 1(4) = r(A) = 2, Hé c6 v6 s6 nghiém phy thude 1 tham sb: 0,5d
o (x,y,2) =(1;2;2) +t.(—2;1;—5),t €R. 0,5d
8 e f la mot toan dnh nén pt f(x) = 0 c6 nghiém trong [—2,m]. Do do6, m = 0. 0,5d
e Néum = 0 thi f la song anh. Néum = 1 thi f(1) = f(—1) nén f khong 1a don anh. Do d6
m = 1. 0,5d
9 | e Bién déi thanh 20190 (A + 2019E)(B + 10E) = E. 0,5d
e Do do, 20190 (A + 2019E) 1a ma tran nghich déo cua (B + 10E). 0,5d

*Chay: -Neéu SV lam cach khiac ma ding van cho diém toi da.
- Piém toan bai lam tron dén 0,5.

o




DAP AN MON DAI SO GK20191- M11143

PE 7
Ciu _ Noi dung Piém
1 e Ménh dé dung. 0,5d
e Vi diy la mot ménh dé kéo theo v6i ménh dé gia thiét sai. 0,5d
2 Cich 1: Phuong phép phan tu. 1d
Cdach 2: Gidsu A,B,C < X. B B
(ANBI\C=(ANnB)NnC=ANnC)Nn(BNnC)=(A\C)n(B\C).
3 o f(A) ={f(x,y) € R% (x, y)EA}:{(x+2y,3x—y):x2+y2:1}. 0,5d
_ 2. (a+2b 3a-b)>2 _
- FLA] = {(ab)ER ezt )+(7)_1} 054
= {(a,b) € R%:10a? — 2ab + 5b% = 49}.
4 . 9:\3 — _ 161 O,Sd
P T= s 0,5d
o (z—-2i)3= 8(cosﬂ + L. sinﬂ) ’
(15) | o 7 = 2 cos(=E + 1 ZE) + 2 (sm (—— 4 EE 3 +1)i,véik = 0,12, 0,5d
epto (A—-2E)X=BTe .
0 2
-1
(1,5d) o ¥ -1 -1 1 3 1 0,5d
2 3 -1 0 2
o ¥ -3 1|1 3 1 :—2 -9 -5 0,5d
2 1j-1 021 6 4
6 I =1 2 b ] 1 -1 2 b I -1 2 b 0,5d
o4=|-2 a -4 -1-b|—>|0 a-2 0 -l+b|—>|0 a-2 0 b-1/|.
-3 a+l -6 b | 0 a-2 0 2b 0 0 0 b+1
o-Néu a#2b+#—1thi r(4) = 3.
-Néu b = —1 hodic a = 2 thi r(4) = 2. 0,5d
* Chit y: Thieu | truong hgp trir 0,25.
7 m 4 -1
e Hé c6 nghiém duy nhét khi va chi khidet4A £ 0véi A= 1 -1 0 Lel
2 1 m
edetA=-m?—-4m-—3,detA# 0 m= —-1,-3. 0,5d
8 > Z + Zz| _ .lf}_ﬁ + |_Z£|__2~ - lz1]|% 4|22 |? — |21 |%+]22 |2 0,5d
Z2 51 2122 2122 2123 [z11]22]
® Ap dung bat déng thic Cauchyta co M > 2, tir do co dpem.
21|22 0.5d
9 o B =A+ A" 1a ma tran ddi xtimg nén (4 + AT)2 = BB7, 0,5d
e Gid stt B = [b;;] thi trace(BB” =317 b;; bi;*. Do d6, trace(BBT) = 0 din dén B = 0, va vi
viy AT = —A hay A 1a ma trin phan xing. .54

*Chiiy: - Néu SV lam cach khic ma ding van cho didm t3i da.
- Pidm toan bai lam tron dén 0,5.
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viy AT = —4 hay A 13 ma trdn phén xing.

DE 8
Ciu i Noi dung
1 e M¢énh de dung. i ‘ )
e Vi day 1a m6t ménh deé kéo theo véi ménh dé gia thiét sai.
2 Cach 1: Phuong phéap phan tur.
Cich 2: Giasr A,B,C c X. ) B B
(AUB)\C=(AUB)NC=(ANnC)U(BnC)=(A\C)U (B\C).
3 o f(A) ={f(x,y) ER%: (x,y) € A} = {(2x + y,x — 3y): x% + y? = 4}.
_ 2. (3a+b - a-2b\>2 _
of(A)—{(a,b)elR{ (222) + (£2) _4}
= {(a,b) € R*:10a* + 2ab + 5b* = 196}.
4 o3 16
o (z—-2i) = P
o (z-2i)= 8(c0356E + i.sin 5?”) a
1,5d — Ly B i [ 2 2EN 1 Vi i b=
( ) OZ——ZCOS(18+I€ 3)+2(sm(18~1~k 3) 1)L,V0’1k-—0,1,2.
5 1 2
-1 2
epto X(AT-2E)=-Be X L 3lE -3 0
(1,50) P =
-1 2] "
-1 2
e X=-3 0
-1 3
|1 4"
-1 2] 0
-3 2
e X=/-3 0 11:9—6.
|1 4" 1 =2
6 -1 a-2 -2 -1 -1 a-2 -2 -l -1 a-2 =2
e 4={-2 a-1 -4 -2-b|>|0 -a+3 0 -b |>|0 -a+3 0
-3 a -6 -b-1 0 -2a+6 0 -b+2 0 0 0 b+2
e-Néu a+3,b+—2th r(4) =3.
-Neu b = =2 hodc a = 3 thi r(4) = 2.
* Chu y: Thiéu 1 truong hgp trir 0,25.
7 m 3 4
e Hé c6 nghiém duy nhdt khiva chikhidetA #0véi A={3 m 0.
2 m+1 1
edetA=m?+4m+3,detA =0 m+1,3.
8 e | +§ - lz1? | lz2?| _ |lzal?+lz2]? _ lzl+lza?
2 Iy 212 2122 nz , |Z1|2|22|
o Ap dung bét déng thirc Cauchy ta co %&TI_ = 2, tr dé c6 dpem.
1 2
9 ¢ B =A+ A" 1a ma tran ddi ximg nén (4 + AT)? = BBT. 0,5d
o Gia sit B = [b;;] thi trace(BBT)=32%L3 b;;”. Do do, trace(BBT) = 0 din dén B = 0, va vi 054

*Chay: -NeéuSV lam cach khiac ma dung van cho diém tdi da.
- Biém toan bai lam tron dén 0,5.




